this note, we establish some existence results of generalized variational inequalities for multivalued operators with contractible values on real reflexive Bausch spaces.
INTRODUCTION
Let B be a real reflexive Banach space, B' its topological conjugate space, (u, TV) the dual pairing between u E B and v E B'. We use the symbols "-"and "-" to denote the norm convergence and weak convergence, respectively. Let K be a nonempty subset of B, T be a multivalued operator from K into 2B*, and 4 : B -+ ( -co, +co) be a lower semicontinuous convex function. The geaerolired vatiational inequality, GVI(T,K), associated with T and K is the problem to find Z E K, Y E T(5) such that (u -z, g) f 4(u) -d(Z) 2 [3] by applying the above method.
NOTATION AND PRELIMINARIES
Let X and Y be Hausdorff topological spaces. We call a multivalued map T : X -+ 2y upper semicontinuous (in short u.s.c.) at z E X if for any open neighborhood
is an open neighborhood U of x in X such that T(U) C V for each u E U; and T is U.S.C. if T is U.S.C. at each x E X. We denote by G(T), the graph of T, the subset of X x Y defined by
First, we quote some well-known properties of multivalued maps (see, e.g., [l, p. 41,421). 
T : X ---+ 2y ifs(z) E (T[(c + U) n X] + V) n Y for aJJ z E X. T is called approachable if it has a continuous (V, V)-selection for any U E n/E(O), V E NF(O).
Note that s is a (U,V)-selection of T is equivalent to that for all 2 E X, there exist ZL E X,v E T(U) such that t E (u + V) rl X, s(z) E (v + V) n Y, when U and V are symmetric.
A topological space X is called contractible if the identity function on X is homotopic to a constant function on X, i.e., there exist a point to E X and a continuous function h : X x [0, l] + X such that h(z,O) = z and h(z, 1) = ~0, Vz E X. A subset X of a topological vector space E is called star-shaped if there exists a point 20 such that for all z E X we have (1 -t)z + tz:o E X, for t E [0, 11. Clearly, a star-shaped set is contractible and a convex subset of a topological vector space is star-shaped and hence contractible. But the converse of the above statement is not true.
Recall that a compact convex subset of a Banach space is compact ANR (see, e.g., [5, p. 961 THEOREM A. Let K be a nonempty compact convex subset of a Banach space and Jet C be a convex subset of a locally convex Hausdorff topological vector space. Suppose that T : K -+ 2' is U.S.C. with nonempty compact contractible values. Then T is approachable.
Another version of the approximation of multivalued maps derived by Browder [1, Proposition 21 is the following: THEOREM B. Let C be a compact subset of a locally convex Hausdorff topological vector space E and Jet S be an U.S.C. map from C into a JocaJJy convex Hausdorff topological vector space F with nonempty convex values. Suppose that there exists a convex subset A of F such that S(y) nA # 8 for all y E C. Then S is approachable.
EXISTENCE RESULTS
In the sequel, we always assume that I< is a nonempty subset of a real reflexive Banach space B,
T is a multivalued operator from K into 2B*, and 4 is a real-valued lower semicontinuous convex function on B. Note that 4 is also weakly lower semicontinuous. First, we prove the following existence result for GVI(T,K) on finite dimensional subspace. Then GVI(T,IC) has a solution.
Finally, using again Theorem 3.1, we can generalize a result of [3] as follows. Since xo E I< n Fj, Vj, we have (xj -xc, yj) 5 C#J(XO) -d(xj), Vj. Hence limsup(xj -~0, yj) 5 0. By assumption (4), we obtain that ys E T(x0) and (xj, yj) -+ (~0,~s).
On the other hand, since u E I( fl Fj, Vj, we have (U -xj, yj) + c$(u) -4(xj) 2 0, Vj. Let j -+ +oo, we get (U -xc, ys) + 4(u) -+(x0) 2 0 and the theorem follows. I
